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In the note, there is proved that every WA-quasigroup satisfies the identity xy . zx = xz . yx. 

,IJ,OKa3.biBaeTCH, *ITO B JHO6OH WA-KBa3Hrpynne BbinojmHeTCH To>KflecTBO xy.zx = xz.yx. 

V poznámce se dokazuje, že každá WA-kvazigrupa splňuje identitu xy . zx = xz . yx. 

A groupoid is called a WA-groupoid if it satisfies the identities xx . yz = xy . xz 
and yz. xx = yx . zx. It is the purpose of this note to show that every cancellation 
WA-groupoid satisfies the identity xy . zx = xz . yx. 

Lemma 1. Every WA-groupoid satisfies the identity 
((yy • yx) (zx . zx)) ((xy . zx) (xx . zx)) = ((yy . yx) (zx . zx)) ((xz . yx) (xx . zx)). 
Proof. Let G be a WA-groupoid and a,b,ce G. Then 

((cc . ca) (ba . ba)) ((ac . ba) (aa . ba)) = ((cc . ca) (ba . ba)) ((ac . ad) (ba . ba)) = 
= ((cc . ca) (ba . ba)) ((aa . ca) (ba . ba)) = ((cc . ca) (aa . ca)) ((ba . ba) (ba . ba)) = 
= ((cc . aa) (ca . cd)) ((ba . ba) (ba . ba)) = ((ca . ca) (ca . ca)) ((ba . ba) (ba . ba)) = 
= ((ca . ca) (ca . ca)) ((bb . aa) (ba . ba)) = ((ca . ca) (ca . ca)) ((bb . aa) (bb . aa)) = 
= ((ca . ca) (ca . ca)) ((bb . bb) (aa . aa)) = ((ca . ca) (bb . bb)) ((ca . ca) (aa . aa)) = 
= ((ca . bb) (ca . bb)) ((ca . ca) (aa . aa)) = ((ca . bb) (ca . bb)) ((ca . aa) (ca . aa)) = 
= ((cb . ab) (ca . bb)) ((ca . aa) (ca . aa)) = ((cb . ab) (cb . ab)) ((ca . aa) (ca . aa)) = 
= ((cb . cb) (ab . ab)) ((ca . aa) (ca . aa)) = ((cb . cb) (ca . aa)) ((ab . ab) (ca . aa)) = 
= ((cb . ca) (cb . aa)) ((ab . ab) (ca . aa)) = ((cc . ba) (cb . aa)) ((ab . ab) (ca . aa)) == 
= ((cc . ba) (ca . ba)) ((ab . ab) (ca . aa)) = ((cc . ca) (ba . ba)) ((ab . ab) (ca . aa)) = 
= ((cc . ca) (ba . ba)) ((ab . ca) (ab . aa)) = ((cc . ca) (ba . ba)) ((ab . ca) (aa . ba)). 
Corollary 2. Every cancellation WA-groupoid satisfies the identity xy .zx = 

= xz. yx. 
If Q is a commutative Moufang loop then N(Q) is the nucleus of Q and a mapping 

/ of Q into Q is said to be nuclear if a - 1 . f(a) e N(Q) for each aeQ. 
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Theorem 3. The following conditions are equivalent for every quasigroup Q: 
(i) Q is a WA-quasigroup. 
(ii) There exist a commutative Moufang loop Q(o), its automorphisms f,g and q e Q 

such that fg =gf, fg'1 is a nuclear mapping and ab = (f(a)og(b)) o q for all 
a,beQ. 

Proof. Apply Corollary 2 and [3] Theorem 1. 
A groupoid satisfying the identity xy . uv = xu . yv is called medial. A WA-groupoid 

is called primitive if it is commutative and satisfies the identity xx . xy = yy ,yy. 
Theorem 4. Let Q be a WA-quasigroup. Then there exists a normal congruence r 

of Q such that Qjr is a primitive WA-quasigroup. Moreover, if a class A a of r is a sub-
quasigroup of Q then A is a medial quasigroup. 

Proof. Apply Corollary 2 and [2] Proposition 5. 
Corollary 5. Every simple WA-quasigroup is either primitive or medial. 
A quasigroup is said to be trimedial if every its subquasigroup generated by at 

most three elements is medial. 
Theorem 6. The following conditions are equivalent for every quasigroup Q: 

(i) Q is trimedial. 
(ii) Q is a WA-quasigroup and Q satisfies the identity (x . xx) (yz) = (xy) (xx . z). 
(iii) Q satisfies the identity ((xx . yz) (vw . uu)) ((p . pp) (st)) = ((xy . xz) (vu . wu)) ((ps) 
(pp. t)). 

Proof. Apply Corollary 2 and [3] Theorem 2. 
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