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OF COMMON EXTENSIONS OF TWO QUASI-MEASURES

Zbigniew Lipeeki

Let'X be a set and let J1L be an algebra of subsets of X. We de-
nt;te by ba(X) the family of all resl-velued quasi-measures, i.e,,
bounded additive set functions, on ITL. Let YU be another algebra
of subsets 6f X and denote by F the algebra generated by Mlw Il .
We are concerned with the following problem (suggested by [1], (3]
and [41): '

Given g €ba(d) and v ba(Xl) such that u |3 nIL = vidiaT,

when does there oxist & common extension we ba(¥F ) of m and v 7
-The anewer is nositive provided cne of the followine three

(1) Given two partitioms {Mj, ..., My} ¢ M =nd {¥,, cony B}
c X of I into non-empty sets, we have My~ Hi + ¢ both for-
a fived 1 and jJ=1, see, n BEnd for a fixed J and i=1, svep Bm.

(2) Y 18 finite.

(3) v 1B complete and has finite range.

The snswer is negative if M AL ={®, X} and there exiat
M et end N, € 1 such that ¢$lﬂ1cnlcll2 CNycees 2K

Condition (1) holds it MM and JL are independent in the
sense of [5], p.-.220, l.e., NNl ;Q whenever Me YL and Re YL
are non-empty. The sufficiency of (3) follows from that of (2)
and [2], Proposition 1.

The proofe and other detalls will appear elswhere.
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